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a b s t r a c t
This paper conducts a one-dimensional theoretical study on the electrochemical phenomenon in the
dual-layer cathode electrode of polymer electrolyte fuel cells (PEFCs) with varying sub-layer thicknesses,
and further extends the analysis to a triple-layer conﬁguration. We obtain the explicit solution for a
general dual-layer conﬁgurationwith different layer thicknesses. Distributions of the key quantities sucheywords:
olymer electrolyte fuel cell
nalysis
lectrode
as the local reaction current and electrolyte overpotential are exhibited at different ratios of the ionic
conductivities, electrochemical kinetics, and layer thicknesses. Based on the dual-layer approach, we
further derive the explicit solutions for a triple-layer electrode. Sub-layer performances are plotted and
compared. The results indicate that the layer adjacent to the electrolyte membrane may contribute a
major part of the electrode faradic current production. The theoretical analysis presented in this paper
lectro
ce eleulti-layer
eaction rate
can be applied to assist e
effective high performan
. Introduction
Among the components of polymerelectrolyte fuel cells (PEFCs),
he cathode electrode is one of the most important parts [1,2]. The
RR (oxygen reduction reaction) in the cathode is sluggish compar-
ngwith thehydrogenoxidation reaction in the anode, contributing
major portion of the irreversible voltage loss. The ORR is highly
eterogeneous across the cathode as indicated by our previous
tudy [3,4]. The electrode structure can then be optimized for bet-
er cathode performance and cost reduction that still remains as a
rimary topic in PEFC development.
The mechanisms inside the cathode consist of diverse cou-
led chemical and physical processes, including electron/proton
ransport and heat/mass transfer. Modeling has been conducted
y many groups to investigate the physical phenomena within the
athode. An early work was done by Eikerling and Kornyshev [5]
o investigate cathode processes including the oxygen reduction,
roton transport and oxygen diffusion. Analytical solutions were
btained, and these solutions helped to understand the impacts
f the ORR, the geometrical and compositional parameters, and
he oxygen partial pressure on fuel cell performance. You and Liu
6] assumed a pseudo-homogeneous electrode in their study. The
verpotential, proton conductivity, catalyst layer porosity and sur-
ace area, were investigated and their impacts are evaluated. Boyer
∗ Corresponding author. Tel.: +1 949 824 6004; fax: +1 949 824 8585.
E-mail address: yunw@uci.edu (Y. Wang).
013-4686/$ – see front matter © 2010 Elsevier Ltd. All rights reserved.
oi:10.1016/j.electacta.2010.03.013de development through complicated multi-layer conﬁguration for cost-
ctrodes.
© 2010 Elsevier Ltd. All rights reserved.
et al. [7] presented simple mathematical expressions to optimize
the fuel cell electrode structures, and those formula can be used
to screen new materials for electrodes. Ticianelli et al. [8], Antoine
et al. [9], Neyerlin et al. [10], and Das et al. [11] also conducted
experimental or numerical studies on the electrode optimization
or catalyst utilization, mostly for the single-layer conﬁguration.
Yoon et al. [12] proposed a multi-layer concept for improving
the oxygen reduction in the cathode and prepared a dual-layer
cathode using the spray-drying method. Its performance was
evaluated in a single fuel cell by I–V curves. An agglomerate model
was developed by Wang et al. [13] which considered the reaction
kinetics, proton transport, and oxygen diffusion. The impacts
of agglomerates on catalyst utilization and electrode efﬁciency
were explored. Similar approach was also conducted by Jain et al.
[14], which reformulated an agglomerate model to study the Pt
minimization for a speciﬁed voltage. Another agglomerate model
considers a 2D cathode [15,16]. Predictions showed that the charge
transport is as important as oxygen diffusion in determining the
overall electrode reaction rate [15] and suggested that further
improvements in electrode performance at medium and high
current density might be possible by reducing carbon loading and
increasing the electrolyte content [16]. Wang et al. [17] considered
the volume fraction of each constituent phase. They indicated
that low humidity operation may beneﬁt the performance under
high current and a volume fraction of 0.4 and 0.26 for void and
electrolyte phases, respectively, are the optimal composition for
the considered electrode. A steady-state multi-layer agglomerate
model was studied by Song et al. [18]. Themodel considers an elec-
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vig. 1. Schematic of a PEFC (a) and a general dual-layer catalyst layer (b), and con-
ection between the dual-layer (c) and triple-layer (d) structures.
rodewith several sub-layers. Numerical investigation showed that
he performance of the catalyst layer may be considerably inﬂu-
nced by the properties of the sub-layer close to the membrane.
ukherjee and Wang [19] conducted a DNS (direct numerical
imulation) on a dual-layer conﬁguration with equal-thickness
ub-layers. Our group obtained explicit solutions of the reaction
ate proﬁle for a single-layer [3] and a dual-layer [4] electrode.
or the single-layer electrode, a considerable spatial variation
f reaction rates was observed across the catalyst layer and a
umped parameter was identiﬁed to quantify the degree of this
ariation. The study on the dual-layer conﬁguration considered an
lectrode consists of two equal-thickness sub-layers. Investigation
as conducted on the impacts of the layer properties on electrode
erformance. Comprehensive reviews on electrode fabrication and
ptimization for fuel cells were recently provided by Refs. [20–23].
Following our dual-layer electrode analysis [4], this paper
elaxes the restriction of equal thicknesses of the two sub-layers
nd develops explicit solutions for a general two-layer conﬁgura-
ion and further a triple-layer one. Firstly, the thickness ratio of the
wo layers is included in the solution to investigate its impact on the
verpotential proﬁles at varying ionic conductivity and effective
xchange current density. Secondly, from the dual-layer solutions
e derive the solution for a triple-layer electrode. Analysis is also
onducted to investigate the reaction currentwithin each layer and
verall electrode performance. Further, this paper intends to use
he triple-layer conﬁguration as an example to introduce themulti-
ayer electrode concept.We choose to not include the discussion of
our- or more-layer cases, whose explicit solutions are much more
omplex and longer. Note that the triple-layer solution takes a large
pace to express, which will be given in Appendix B.
. Modeling and analytical solutions
.1. General dual-layer conﬁguration
A schematic conﬁguration of a typical PEM fuel cell is displayed
n Fig. 1, together with the magniﬁed plot of a general dual-layer
lectrode. The left side of the electrode attaches the polymer elec-
rolyte membrane, while the right connects to the diffusion media.
here are three phases, in addition to the electrochemical cat-
lyst, in the electrode that are necessary for its functions: (1)
he void space for gaseous reactant transport; (2) ionomer con-
ent for protons transfer; and (3) carbon support for electronic
urrent conduction. The dual-layer electrode is characterized by
arious sub-layers with speciﬁc properties assigned to each layer.Acta 55 (2010) 4579–4586
For convenience, we denote these sub-layers by Layers 1 and 2,
respectively, as shown in Fig. 1. In these sub-layers, we consider
the following parameters that may be different, the ionic conduc-
tivity, catalyst speciﬁc surface area, and exchange current density.
These parameters are directly related to the electrolyte ionomer
content (effm = ε1.5m m), electrode structure (e.g. reaction interface
roughness), and catalyst Pt loading that are vital to the electrode
fabrication. Note that the sub-layer porosity will likely be different
with each other.
Among these sub-layers, we assume a uniform oxygen con-
centration CO2 , temperature T, and electronic phase potential ˚
(s),
which can be justiﬁed for PEM fuel cell electrodes following the
same techniques in our previous analysis [4]. Note that Ref. [4]
deals with a speciﬁc dual-layer electrode, i.e. with equal-thickness
sub-layers. As long as the electrodes are thin and exhibit sufﬁcient
transport conductance, which is generally valid for PEM fuel cell,
the assumptionswill be valid for a general dual-layer conﬁguration.
For examples, varying porosities of sub-layers would not affect the
assumption of a uniform oxygen concentration as along as they are
in the typical range of fuel cell electrodes, i.e. >0.1. The electronic
conductivity of the catalyst layer, though may slightly vary from
layer to layer, is typicallymuch higher than the ionic one, therefore
the ohmic loss due to the electronic resistance can be neglected
across the two layers in the electrode. Also in the dual-layer conﬁg-
uration, the upper limit of temperature variation can be estimated
through the formula of Eq. (11) in Ref. [3] as heat transfer is simi-
lar to species diffusion processes, except using the smaller thermal
conductivity in the two layers. Even the smaller thermal conduc-
tivity decreases to 0.3W/mK, the upper limit, which is reversely
proportional to conductivity, is still small ∼0.1K. Likewise, these
assumptions can be further extended to the triple-layer case that
will be discussed in the next section, as long as the sub-layer prop-
erties are in the range of a typical fuel cell electrode.
At steady state, the general equation of the electrolyte phase
potential ˚(m)s in the layer i (i is either 1 or 2) can be written as
∇ · [(effm )i∇˚(m)i ] + ji = 0 (1)
ji is the transfer current density calculated from the Butler–Volmer
equation,
ji = −(ajref,c0,T )i
(
CO2
CrefO2
)
exp
(
−˛cF
RgT
· (˚(s) − ˚i(m) − Uo)
)
(2)
We deﬁne the thickness ratio of the two sub-layers as rı12 =
ı1/ı2. In the samemanner, symbols raj012 and r
m
12 denote the ratios of
the effective exchange current densities and ionic conductivities,
i.e. rm12 = (
eff
m )1/(
eff
m )2 and r
aj0
12 = (aj
c,ref
0,T )1/(aj
c,ref
0,T )2. Considering
one-dimension (the through-plane or x direction), the boundary
and interfacial conditions for Eq. (1) in the two layers are set as:
˚(m)1 = ˚
(m)
ı
and
d
dx
˚(m)1 = 0 at x = ı (3)
˚(m)2 = ˚
(m)
1 and
d
dx
˚(m)2 = rm12
d
dx
˚(m)1 at x =
1
rı12 + 1
ı (4)
Note that comparing with the case in the dual-layer conﬁguration
with equal-thickness sub-layers in Ref. [4], the interface changes to
a more general location of 1/(rı12 + 1)ı.
The explicit solution to the above problem is obtained as:
R T ∏
˚(m)1 − ˚
(m)
ı
= g
˛cF
ln{ (Ujı , x¯) + 1}
˚(m)2 − ˚
(m)
ı
= RgT
˛cF
ln
{
II(Ujı , rm12 , r
aj0
12 , r
ı
12)·⌊
II(Ujı , rm12 , raj012 , x¯) + 1
⌋
}
(5)
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˘(Ujı , x¯) =
[
tan
(
±
[
− ˛cF
2RgT
Ujı
]1/2
· (x¯ − 1)
)]2
II = ˘
(
Ujı ,
1
rı12 + 1
)
(1 − rm
12
· raj0
12
) + 1
II =
⎡
⎢⎢⎢⎢⎢⎣tan
⎛
⎜⎜⎜⎜⎜⎝
√
˛cFUjı
2RgT
rm
12
raj0
12
II(Ujı , rm
12
, raj0
12
) ·
(
x¯ − 1
rı
12
+ 1
)
−
ote that the solution for the dual-layer electrode of equal-
hickness sub-layers [4] is different with Eq. (6) only in the
xpression of functions II and II . The variable Ujı is deﬁned
ased on the properties of Layer 1 [3]
Ujı=Rı,1Ijı where Ijı= − jıı, Rı,1 =
ı
(effm )1
and jı=j(x = ı) (7)
Similarly,with thedistributionof the electrolytephasepotential
(m), the average current density within each layer can be calcu-
ated through the integral of the transfer current density,
∫ 1
1
rı
12
+ 1
∣∣j(x¯)∣∣dx¯ = I(2)1 = −(effm )1 d˚(m)1dx¯
∣∣∣∣
x¯=
1
rı
12
+ 1∫ 1
rı
12
+ 1
0
∣∣j(x¯)∣∣dx¯ = I(2)2 = −(effm )2 d˚(m)2dx¯
∣∣∣∣
x¯=0
+ (effm )1
d˚(m)1
dx¯
∣∣∣∣
x¯=
1
rı
12
+ 1
(8)
here in I(2)1 and I
(2)
2 the superscript denotes the dual-layer conﬁg-
ration; the subscript the layer #. The average current density over
he whole electrode can be expressed by:
I =
√
2
RgT
˛cF
Ujı
Rı,1
2√√√√rm21 · raj021
[
II · (II(Ujı ,0) + 1) −
(
˘
(
Ujı ,
1
rı
12
+ 1
)
+ 1
ote that the above equation build the direct relation between the
verage current density I andUjı .Ujı can be treated as a param-
ter that lumps several factors such as I, the ionic resistance, and
ub-layer thickness ratio..2. A triple-layer electrode
Thegeneraldual-layer result canbeapplied toobtain theexplicit
olution to the triple-layer electrode problem. For an instance,
able 1
hysical parameters.
Quantity Value
Exchange current density× reaction
surface area in Layer 1, airef,c0
10,000A/m3
Volume fraction/tortuosity of ionomer in
electrodes in Layer 1, εm/m
0.20/1.5
Transfer coefﬁcient, ˛c 1
Temperature, T 353.15
Pressure, P 2atm
Activation energy for oxygen reduction
reaction, Ea
73,269 J/molActa 55 (2010) 4579–4586 4581
−1
√√√√√√˘
(
Ujı ,
1
rı
12
+ 1
)
II(Ujı , rm
12
, raj0
12
)
rm
12
· raj0
12
⎞
⎟⎟⎟⎟⎟⎠
⎤
⎥⎥⎥⎥⎥⎦
2 (6)
+ ˘
(
Ujı ,
1
rı
12
+ 1
) (9)
Fig. 2(a) shows a two-layer conﬁguration. The Layer 1 in (a) can
be further divided into two sub-layers, i.e. (b), which results in
a triple-layer conﬁguration. Therefore, the solution to a triple-
layer conﬁguration can be obtained by analyzing two dual-layer
electrodes. Note that in order to apply the general dual-layer
conﬁguration solution, one needs to deal with non-homogeneous
boundary conditions: following the same instance as above, the
dual-layer, the Layers 2 and 3, will have a non-homogeneous
boundary condition (d/dx)˚(m)1 /= 0, which requires special math-
ematical treatment. For simplicity, we only consider a triple-layer
conﬁgurationwith equal-thickness sub-layers.Wedenote the elec-
trolyte phase potentials in the three layers ˚(m)1 , ˚
(m)
2 and ˚
(m)
3 ,
respectively. The boundary and interfacial conditions to Eq. (1)
become:
˚(m)1 = ˚
(m)
ı
and
d
dx
˚(m)1 = 0 at x = ı
˚(m)2 = ˚
(m)
1 and
d
dx
˚(m)2 = rm12
d
dx
˚(m)1 at x =
2
3
ı
˚(m)3 = ˚
(m)
2 and
d
dx
˚(m)3 = rm23
d
dx
˚(m)2 at x =
1
3
ı
(10)
The explicit solution to this triple-layer problem can be found in
Appendix B. Note that technically it is possible, though challenging,
that we could ﬁnd a solution to a general triple-layer case, i.e. with
varying sub-layer thickness. However, it would not be necessary
as no new physics could be explained (comparing with the equal-
sub-layer thickness triple-layer conﬁguration). In addition, the
solution for this triple-layer conﬁguration is already complicated
and takes almost a page to express. The one to a general triple-layer
conﬁguration will be lengthy, therefore excluded in the present
paper. The local transfer current density j in each sub-layer is then
calculated by
j1
jı
=˘+1, j2
jı
= 1
raj0
12
II · (II + 1), j3
jı
= 1
raj013
III · (III + 1)
(11)
Following the approach similar to Eq. (8), the reaction currents
generated in each sub-layer can be expressed as:
4582 X. Feng, Y. Wang / Electrochimica Acta 55 (2010) 4579–4586
F d the d
o ities r
1
a
+ rm
12
+ r23
N
t
t
p
m
s
t
o
r
f
t
s
t
e
Fig. 2. Proﬁles of the overpotential variation  or ˚(m)(x¯) − ˚(m)
ı
(left column) an
f sub-layer thicknesses rı
12
s, ionic conductivities rm
12
s, and exchange current dens
Layer 1 :
∫ 1
2/3
∣∣j(x¯)∣∣dx¯ = I(3)1 = −(effm )1 d˚(m)1dx¯
∣∣∣∣
x¯=2/3
Layer 2 :
∫ 2/3
1/3
∣∣j(x¯)∣∣dx¯ = I(3)2 = −(effm )2 d˚(m)2dx¯
∣∣∣∣
x¯=1/3
+ (effm )1
d˚(m)1
dx¯
∣∣∣∣
x¯=2/3
Layer 3 :
∫ 1/3
0
∣∣j(x¯)∣∣dx¯ = I(3)3 = −(effm )3 d˚(m)3dx¯
∣∣∣∣
x¯=0
+ (effm )2
d˚(m)2
dx¯
∣∣∣∣
x¯=1/3
(12)
The current ﬂuxes across the interfaces of x¯ = 23 , x¯ = 13 and x¯ = 0
re expressed by
I(3)1 = − (
eff
m )1
d˚(m)1
dx¯
∣∣∣∣
x¯=2/3
=
√
2
(effm )1RgT
˛cF
√
j1(x¯ = 1) − j1
(
x¯ = 2
3
)
I(3)1 + I
(3)
2 = − (
eff
m )2
d˚(m)2
dx¯
∣∣∣∣
x¯=1/3
=
√
2
(effm )2RgT
˛cF
√(
j2
(
x¯ = 2
3
)
− j2
(
x¯ = 1
3
))
I(3)1 + I
(3)
2 + I
(3)
3 = −(
eff
m )3
d˚(m)3
dx¯
∣∣∣∣
x¯=0
=
√
2
(effm )3RgT
˛cF
√(
j3
(
x¯ = 1
3
)
− j3(x¯ = 0)
)
ote that the above average current explicitly gives the contribu-
ion of each layer. The explicit solution can be directly applied in
he electrode development using multi-layer conﬁguration. Com-
aring with dual-layer conﬁgurations, a multi (>2)-layer case is
uch more difﬁcult to optimize in fabrication due to the more
ub-layers. The theoretical solution obtained above can be used
o aid the electrode development by greatly reducing the number
f trials required. Note that though numerical methods are also
equired to plot the explicit solutions, the numerical procedure is
undamentally differentwith those that directly solve implicit solu-
ions or differential equations which may have numerical issues
uch as truncation errors or divergence. Further, as mentioned in
he preceding section, the triple-layer case is used as a simple
xample to introduce the concept of the multi-layer conﬁguration.
our or ﬁve-layer conﬁgurations can be developed for further elec-imensionless reaction current j/jı (right column) in the electrode at varying ratios
aj0
2
s for Ujı = 0.1V.
(
j1(x¯ = 1) − j1
(
x¯ = 2
3
))
m
(
j2
(
x¯ = 2
3
)
− j2
(
x¯ = 1
3
))
+ rm13
(
j1(x¯ = 1) − j1
(
x¯ = 2
3
))
(13)
trodeoptimization. Their solutions aremuchmore complicatedand
longer in expression, therefore are excluded in this paper.
3. Results and discussion
Fig. 2 presents the electrolyte phase potential variation
˚(m)(x¯) − ˚(m)
ı
or the overpotential difference (left column) and
normalized local transfer current density (right column) through
the cathode electrode for general dual-layer conﬁgurations. To sim-
plify the discussion, we set all the quantities in Layer 1 constant.
The electrode properties are listed in Table 1. It can be seen that in
Layer 2 the electrolyte phase potentials and reaction currents are
differentwhen changing its properties. The trends are similarwhen
changing one property for different thickness ratios. Note that a
change in the ionic conductivity also leads to a shift in the proﬁles,
which can be explained by the fact that the ionic conductivity will
affect the electrolytephasepotential (seeEq. (1))which impacts the
reaction rate (see Eq. (2)). In addition, a thicker Layer 2 will enlarge
the impact of the other properties. Note that changing the ionic
conductivity in Layer 2 leads to a continuous transition from Layer
1 to 2, while the case of the effective exchange current indicates a
jump at the layer interface in the curves of reaction current. This
was explained in our previous paper [4] in detail.
X. Feng, Y. Wang / Electrochimica Acta 55 (2010) 4579–4586 4583
Fig. 3. Proﬁles of  or ˚(m)(x¯) − ˚(m)
ı
in the electrode with varying rm123 s (a) and r
aj0
123 s (b) when U
jı = 0.1V.
Fig. 4. Proﬁles of the dimensionless transfer current densities j/jı with varying rm123 s (a) and r
aj0
123 s (b) when U
jı = 0.1V.
Fig. 5. Proﬁles of the average current densities I with varying rm123 s (a) and r
aj0
123 s (b).
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Fig. 3 presents for the triple-layer conﬁguration the distribu-
ion of the electrolyte phase potential variation with different rm123
left) and raj0123 (right) atU
jı of 0.1V. Notewe deﬁne rm123 = (
eff
m )1 :
effm )2 : (
eff
m )3 and r
aj0
123 = (aj
c,ref
0,T )1 : (aj
c,ref
0,T )2 : (aj
c,ref
0,T )3. The elec-
rode consists of three sub-layers with the same thickness, and
gain the physical properties of Layer 1 are set constant. The solid
ines always denote results of the single-layer case, in which the
hysical properties are uniform through the whole domain. It can
e seen that when the ionic conductivity in Layer 2 is greater
han that of Layer 1, the slope decreases in Layer 2. An increas-
ng ionic conductivity in Layer 3 also reduces the variation in
he overpotential change in Layer 3. A transition point is evi-
Fig. 7. Stacked columns of average current density I in er with varying rm123 s when U
jı = 0.07V.
dent at the Layers 2–3 interface when considering different layer
ionic conductivities. The transition is not obvious at the inter-
face when changing the effective exchange current, as shown in
Fig. 3(b).
Fig. 4 shows the proﬁles of the corresponding local transfer cur-
rent density. Similar trends to the previous ﬁgure are indicated for
different layer ionic conductivities, while Fig. 4(b) shows a quite
different shape comparing with Fig. 3(b). The sub-layer boundaries
are clearly indicated by the jumps in the reaction current proﬁle
in Fig. 4(b), which is similar to Fig. 2 (left). Fig. 5 shows the overall
average current density at varying properties of Layers 2 and 3. It
can be seen that the impacts of their properties are evident at high
Ujıs.
ach layer with varying raj0123 s when U
jı = 0.07V.
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In order to further discuss the contribution of each layer espe-
ially the one adjacent to themembrane, Fig. 6 presents the average
urrent density in each layer with an increasing ionic conductivity
or Layer 3. It is evident from this ﬁgure that Layer 3 contributes
major portion of current production. It is again observed that a
igher ionic conductivityeffm (comparingwith that of Layer 1) leads
o a relatively lower average current in Layer 3. Additionally, this
guredepicts that the Layer 3performance is alsodependent on the
hysical properties of Layer 2: though the ionic conductivity ratio
f Layers 1 and 3 are the same for the ﬁrst two columns, changing
he Layer 2 property also induces an observable distinction on the
urrent of Layer 3. Similar phenomenon can be observed in the last
wo columns (1.0/0.7/1.5 and 1.0/0.9/1.5).
Fig. 7 presents the impact of the effective transfer current ajc,ref0,T
n the average current density in each sub-layer. It can be seen that
he average current increases with the effective transfer current in
ach layer. However, the change in the former is not proportional
o the one of the latter, which is primarily due to the interaction
mong sub-layers. For an instance, from Columns 3 to 4 the Layer
’s ajc,ref0,T is reduced by more than half, while the current of Layer
in the latter case is still more than half of the one in Column 3. In
ddition, if Layers 2 and 3 are treated as one combined layer, in Col-
mn 1 and 4 this combined layer has the same Pt loading (if ajc,ref0,T
s proportional to the Pt loading). However, the two columns indi-
ate different performances, which demonstrates that distribution
f the Pt loading also affects the electrode performance. Further,
ayer 3 shows a higher Pt utilization. For an example in the forth
ase, though ajc,ref0,T of Layer 3 is less than 70% of that in other layers,
ts current is still over the one in the others.
Fig. 8 compares the sub-layer performance at different Ujıs.
he average values in Layers 2 and 3 are 0.95 for all the consid-
red case, i.e. the overall loading amount of a material (either the
onomer or Pt) is the same for all the cases in these two sub-layers.
owever, the columns exhibit distinct performances at high Ujıs
hen material loadings are allocated differently in these two sub-
ayers. The implication of this result is that in a dual-layer electrode
ne sub-layer can be further optimized using multi-layer conﬁgu-
ation, i.e. the more sub-layers, the better way we can optimize
he electrode performance. Detailed discussion on the parameter
f Ujı can be found in our previous studies on the single-layer
lectrode [3]. It can be seen that at high Ujıs both ajc,ref0,T and 
eff
m
n Layer 3 have profound effects on the current production in this
ayer as well as the overall current density, while the properties in(a) and raj0123 s (b) for two U
jı s: one is 0.04V, the other 0.1V.
Layer 2 have a relatively small inﬂuence. However, the impacts are
not remarkable at low Ujıs.
4. Conclusions
THIS paper investigated a dual-layer electrode conﬁguration
with different layer thicknesses and a triple-layer one for PEFCs.
Explicit solutions were obtained for the proﬁles of the electrolyte
phase potential and exchange current density in both cases. These
important quantities in the electrode, together with the average
current within each layer and overall current, were plotted at vary-
ing ratios of the sub-layer thickness, ionic conductivity (relevant
to the electrolyte ionomer loading), and effective transfer current
density.We found that changing these properties in each sub-layer
alters the proﬁles of the phase potential and local current pro-
duction across the electrode. For the triple-layer conﬁguration, the
properties in the layer adjacent to the electrolyte membrane indi-
cate a profound inﬂuence on the local reaction and overall current
production. Results also indicated that though the average prop-
erties (or material loadings) over Layers 2 and 3 are the same,
the overall performance of these two layers may be different and
depends on the allocation of the material loadings in each layer.
The impact of sub-layers’ properties is found to highly depend on
the lumped parameter Ujı . At low Ujıs, their inﬂuence is not
remarkable.
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Appendix A. Nomenclature
a effective catalyst area per unit volume or speciﬁc area,
m2/m3
C molar concentration, mol/m3
D species diffusivity, m2/s
F Faraday’s constant, 96,487C/equiv.
I average current density, A/cm2
j transfer current density, A/cm3
k thermal conductivity, W/mK
P pressure, Pa
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Ltd., 2003.
[22] E.A. Ticianelli, E.R. Gonzalez, in: W. Vielstich, H. Gasteiger, A. Lamm (Eds.),
Handbook of Fuel Cells: Fundamentals, Technology and Applications, vol. 2,
John Wiley & Sons, Ltd., 2003.ratio of parameters
Ohmic resistance, m cm2
g universal gas constant, 8.134 J/molK
temperature, K
o equilibrium potential, V
reek symbols
transfer coefﬁcient
phase potential, V
conductivity, S/m
surface overpotential, V
thickness, m
uperscripts and subscripts
cathode
ff effective value
index of sub-layers
membrane phase
ef reference value
solid
ppendix B. The explicit solution to the triple-layer
lectrode
Eqs. (1) and (10) can be analytically solved and the solution is
s follows:
˚(m)1 − ˚
(m)
ı
= RgT
˛cF
ln{˘(Ujı , x¯) + 1}
˚(m) − ˚(m) = RgT ln
{
II(Ujı , rm
12
, raj0
12
)·
}2 ı ˛cF [II(Ujı , rm
12
, raj0
12
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ı
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˛cF
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{
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23 , r
aj0
13 , r
aj0
23 )·
[III(Ujı , rm13 , rm23 , raj013 , raj023 , x¯) + 1]
}
(14) [Acta 55 (2010) 4579–4586
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−
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⎤
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(15)
Note the ratio of the sub-layer thicknesses is not shownas avariable
in the solution, instead we use the number 1/3 and 2/3 (i.e. the
ratios) directly in the expression.
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